
PANEPISTHMIO KRHTHS Qeimerinì ex�mhno 2005-2006Tm ma Majhmatik¸n J. Garefal�khM113 � Grammik  'Algebra IFull�dio Problhm�twn 11. JewroÔme to C w dianusmatikì q¸ro p�nw apì to R.(a') De�xte ìti ta dianÔsmata 1 kai i e�nai grammik¸ anex�rthta.(�') De�xte ìti ta dianÔsmata a + ib kai  + id, a; b; ; d 2 R e�nai grammik¸exarthmèna an kai mìno an ad = b.2. Ston pragmatikì dianusmatikì q¸ro C0(R) twn suneq¸n sunart sewn f : R �! Rme pr�xei kat� shme�o, de�xte ìti to sÔnolo fsin; osg e�nai grammik� anex�rthto.De�xte to �dio gia to sÔnolo fx; exg.3. JewroÔme ton pragmatikì dianusmatikì q¸roM2(R) = �� a b d � : a; b; ; d 2 R�twn 2� 2 pin�kwn me suntelestè sto R.(a') De�xte ìti ta sÔnolaV = �� a b d � : a; b; ; d 2 R; a+ b�  = 0�W = �� a b d � : a; b; ; d 2 R; a� d = 0�e�nai upìqwroi tou M2(R).(�') Gia kajèna apì tou V kai W �re�te tr�a dianÔsmata pou tou par�goun.Dhlad , prosdior�ste dianÔsmata v1; v2; v3; w1; w2; w3 2 M2(R) tètoia ¸steV = hv1; v2; v3i kai W = hw1; w2; w3i.(g') De�xte ìti ta sÔnola fv1; v2; v3g; fw1; w2; w3g e�nai grammik� anex�rthta.(d') Bre�te dÔo dianÔsmata pou par�goun ton upìqwro V \W .(e') De�xte ìti V +W = M2(R). Gr�yte to di�nusma � a b d � sth morf  v + wme v 2 V kai w 2 W me dÔo diaforetikoÔ trìpou.1


