
LÔseic ask sewn apì to kef�laio 2

'Askhsh 1 (2.2).
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eÐnai grammik� anex�rthta epÐ Q.

'Askhsh 2 (2.7).
EÐnai shmantikì na katal�boume an ton q¸ro C4 ton blèpoume wc dianusmatikì
q¸ro epÐ tou R C. Diìti sth pr¸th perÐptwsh o C4 eÐnai di�stashc 8, en¸
sth deÔterh eÐnai di�stashc 4.

Sta parak�tw ennooÔme pwc eÐnai epÐ tou C.
'Ara U = {z1, z1, z3, 0|z1, z3 ∈ C} =< (1, 1, 0, 0), (0, 0, 1, 0) >.
a'. Gia na deÐxoume ìti U ⊆ W arkeÐ na deÐxoume ìti k�je stoiqeÐo thc b�shc
tou U an kei sto W . Pr�gmati,

(1, 1, 0, 0) = (1− i)(1, 0, 0, 0) + (i, 1, 0, 0) + 0(0, i, 1, 0),

(0, 0, 1, 0) = (−1)(1, 0, 0, 0)− i(i, 1, 0, 0) + 1(0, i, 1, 0.)

'Etsi U ⊆ W .
b'. Sumplhr¸noume th b�sh tou U me èna stoiqeÐo touW ¸ste na paramènoun
grammik� anex�rthta.
P.q. mia tètoia b�sh eÐnai < (1, 1, 0, 0), (0, 0, 1, 0), (i, 1, 0, 0) > .

'Askhsh 3 (2.8).

• 'Estw ènac d.q. X peperasmènhc di�stashc. An ènac upìqwroc Y èqei
thn Ðdia di�stash, tìte h b�sh tou eÐnai kai b�sh tou X, �ra X = Y .

• 'Estw ènac d.q. X �peirhc di�stashc. An ènac upìqwroc Y èqei kai
autìc �peirh di�stash, tìte den shmaÐnei kat� an�gkh pwc h b�sh tou
eÐnai kai b�sh tou X. Gia par�deigma X = C[x] kai Y = R[x].
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'Askhsh 4 (2.9).

U =< (2, 0, 0, 1), (0, 1, 1, 0) >,
V =< (0, 1, 0, 0), (0, 0, 1, 0) >,
U + V =< (2, 0, 0, 1), (0, 1, 0, 0), (0, 0, 1, 0) > .

'Askhsh 5 (2.10).

V =< (3, 1, 0, 0, 0), (0, 0, 7, 1, 0), (0, 0, 0, 0, 1) > .
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