
Exet�sei sth Logik 8 Septembr�ou, 2008Jèma 1 (1 Mon). Swstì   l�jo:1. O tÔpo (ϕ1∧ϕ2) → ϕ3 e�nai logik� isodÔnamo me ton ϕ1 → (ϕ2 → ϕ3).2. O tÔpo ((ϕ1 → ϕ2) → ϕ1) → ϕ1 e�nai tautolog�a.Jèma 2 (2 Mon). 'Estw A mia dom  me dÔo kathgor mata R kai Q. Nade�xete ìti sth dom  A isqÔei h prìtash
¬∃x[R(x) ∧ ∀y[Q(y, x) ⇐⇒ (R(x) ∧ ¬Q(y, y))]].Jèma 3 (1,5 Mon). Na de�xete ìti to sÔnolo sundèsmwn {¬, ∧} e�nai pl re.Jèma 4 (1,5 Mon). D�netai h dom  N = {N, +, ·,′ , 0} kai h apot�mhsh v,me v(x1) = 1, v(x2) = 2, v(x3) = 5. Na exet�sete poiou apì tou parak�twtÔpou ikanopoie� h v sth dom  N .1. ∀x1(x1 + x3 = x′

2
).2. ∃x2[(x1 · x2)

′ = x1].Jèma 5 (2 Mon). D�netai h dom  R = {R, +, ·}.1. Na oristoÔn ta stoiqe�a 0 kai 1 sth dom  aut .2. Na oriste� h sqèsh <.3. Na oriste� to sÔnolo (2, 5].Jèma 6 (2 Mon). Na bre�te ìle ti domè pou ikanopoioÔn1. thn prìtash ∃x1∃x2∃x3∀y[y = x1 ∨ y = x2 ∨ y = x3].2. thn parap�nw prìtash kai thn ∀y∃x[y 6= x].
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